Russell’s logicism versus
Oxbridge logics, 1890-1925:
a contribution to the real history of
twentieth-century English philosophy

by 1. Grattan-Guinness

Stout took me to see Bradley—a black-bearded man with a very intellectual,
very sensitive face, beautiful by the beauty of the mind that appears in it.
His manners are very courteous and slightly shy. He has the spirituality of
those who have worked in spite of great physical pain. I loved the man
warmly. We discussed philosophy for some time. I vexed him very much
(quite unintentionaily) by saying that in philosophical discussion, so far as
I could see, one arrives usually at an ultimate difference as to premisses,
where argument is no longer possible. This seemed to him scepticism and
an attack upon his life’s work. He controlled himself completely, but with
difficulty. I was very sorry I had vexed him. (Russell’s journal, 1 Dec,
1902%)

I. INTRODUCTION: TWO LITTLE BOOKS

As this paper is largely an essay on contrasts and disagreements, it is

* Russell’s journal is kept among the Ottoline Morrell papers, Harry Ransom Human-
ities Research Center, University of Texas, Austin. A copy is held at the Russell
Archives, McMaster University, Hamilton, Canada; this archive is cited as “RA”. It
is published in Russell’s Collected Papers, Vol. 12: Contemplation and Action, 1902—
14, ed. R.A. Rempel, A. Brink and M. Moran (London: 1985), pp. 7-28 (p. 13).

For permission to quote from materials in RA, I express thanks to its Copyright
Permissions Committee. The quotations are © 1986. This paper was prepared for the
conference “L’Epistemologia di Cambridge (1850-1950)”, held at the University of
Bologna in May and June 1985. The improvements effected to the draft are much due
to the comments of N. Griffin, A. Manser and W. Mays.
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appropriate to set the scene by the example of two little duodevicensimi
(18mo format) volumes published in the late nineteenth century. One
of them represents (part of) the traditional view of logic then current,
while the other describes the new discipline of mathematical logic. The
contrast is very great: indeed, format is one of the few features which
they have in common.

The Logic of W.S. Jevons (183 5—1882) first appeared in 1876 in Mac-
rpillan’s “science primers” series and then in later editions, in his life-
time and posthumously.! In 135 pages he ran through the basic ideas
of names, terms, types of propositions, syllogistic reasoning and infer-
ence. He also presented induction as the foundation of scientific the-
ories, with related topics such as variations and analogies, and finished
off with a survey of fallacies in deductive and inductive reasoning. A
selection of questions for each chapter completed the text. No symbolic
methods were introduced, although a little use was made of Euler
diagrams.?

The Logica matematica of C. Burali-Forti (1861-1931) was published
by Hoepli in 1894 in their series of small manuals.? His 155 pages com-
prised a text of four chapters: in turn, a survey of “general notions”,
on numbers, propositions, and their connectives; “‘ratiocination”, con-
taining primitive propositions, “polysyllogisms” (known as “sorites”
in England, where sets of propositions are treated together) and the
exegesis of the propositional calculus with some applications to arith-
metic; “classes”, in which propositional functions were introduced and
th_eir corresponding classes considered, again often in connection with
arithmetic; and finally “applications™, including the relation between
classes and individuals, mathematical functions and their inverses, four
types of definition (nominal, under hypothesis, of “an entity in itself”
and so constituting part of the theses of a theory, and by abstraction),
and the (in)dependence of propositions in a theory. Although an intro-
fiuctory volume, as required by the series, it was far more specific in
its purpose than Jevons’s book (which, interestingly, appeared in the

! WS Jevons, Logic (London: 1876); I have used the 1883 edition. On Jevons’s con-
tributions to logic in general, see W. Mays and D.P. Henry, “Jevons and Logic”,
Mind, n.s. 62 (1953): 484~505. '

2 J?vons, Chap. 11. In those days, unlike today, the difference between Euler arid Venn
dlagl.ra.ms was usually understood; on it, see my “The Gergonne Relations and the
Intuitive Use of Euler and Venn Diagrams”, International Fournal of Mathematical
Education in Science and Technology, 8 (1977): 23-30.

* C. Burali-Forti, Logica matematica (Milan: 1894). It was based on his teaching at the
University of Turin (p. vi).
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series in translation*), exhibiting symbols from its first page: indeed,
in his preface Burali-Forti contrasted “Aristotelian, or scholastic,
logic”” with the new “mathematical logic”.

2. OXBRIDGE TRADITIONS IN LOGIC

Although an Italian work, Burali-Forti’s manual is suitable for use
here, since it was this mathematical logic of his mentor Peano that was
to serve as the principal basis of Russell’s contributions to logic. First,
however, let us return to the traditional fields as represented by Jevons,
for it was these which dominated English logic at the end of the century
(and, as we shall note in section 7 below, much later also). In this sec-
tion I shall present the principal figures of the time and highlight some
general features of their systems. I have spread my brief to cover
Oxford as well as Cambridge, since the differences between the
thoughts of the two centres were much less than their respective div-
ergencies from Russell’s new view. Indeed, there is even a geographical
appropriateness in this extension, for during the period 1896-1910 of
his principal concern with logic Russell lived much of the time in Cam-
bridge, and then in Oxford (although not to be near its logicians!).
Three figures of interest were based at Cambridge. J.N. Keynes
(1852-1949) is today remembered best as the father of his famous econ-
omist son (whose funeral service at Westminster Abbey in 1946 both
father and mother attended); but his Studies and Exercises in Formal
Logic appeared first in 1884, and in several later editions. W.E. Johnson
(1858-1931), whose association with Cambridge began with his birth,
did not start to publish his Logic until 1921; but a few earlier papers
had indicated his line, and his help was acknowledged in the prefaces
of books by several other philosophers, including Russell (in fact, he
looked at the manuscript of Principia Mathematica for Cambridge Uni-
versity Press). J.M.E. McTaggart (1866-1925) also passed his career
at Cambridge, and began to publish his brand of logic in the 1890s;
the most pertinent volume here is A Commentary on Hegel’s Logic
(1910). He shared with Russell the property of being elected to the
Apostles (a secret debating society, largely based on undergraduates)
on the recommendation of Whitehead,® but otherwise they came to
have little philosophically in common; for while McTaggart came to

+W.S. Jevons, Logica, trans. C. Cantoni (Milan: 1878).

5 See V. Lowe, Alfred North Whitehead. The Man and His Work, Vol. 1 (Baltimore:
-1985), pp. 126—9. The membership of the Apostles to 1914 is given in P. Levy, Moore:
G.E. Moore and the Cambridge Apostles (London: 1979), pp. 300-11.
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his Hegelianism in rejection of a materialist standpoint, Russell’s
change was in the opposite direction, as we shall see in section 3 below.

At Oxford the principal logician was F.H. Bradley ( 1846-1924), edu-
cated there and Fellow of Merton College: he devoted himself entirely
to research, and his principal work from our point of view is his Prin-
ciples of Logic (1883). Closely allied in various ways was B. Bosanquet
(1848-1923), who however only taught there for the decade between
1871 and 1881: his Knowledge and Reality: A Criticism of F.H. Bradley’s
Principles of Logic came out in 1 885, when he was living in London,
to be followed three years later by his Logic, or Morphology of Knowl-
edge. A further Bradley disciple and critic was H.H. Joachim (1868—
1939), Oxford trained and resident, taking the chair of logic in 1919;
of chief concern here is his The Nazure of Truth (1906). After graduation
he spent three years at the University of St. Andrew’s, where Bosan-
quet was to take a chair in 1903. Bosanquet moved there at the same
time as the psychologist-philosopher G.F. Stout (1860-1944), whose
role in the story is played mainly as the editor from 1891 to 1920 of
Mind. Bosanquet stayed up north only for five years, but Stout
remained until retirement in 1936.

To the same generation as Bradley and Bosanquet belongs J. Cook
Wilson (1849-1915): like Johnson, his views did not appear until the
19208, in the posthumous Statement and I nference (1926). His principal
follower at Oxford was H.W.B. Joseph (1867-1943), whose An Intro-
duction to Logic first appeared in 1906, with a revised edition a decade
later. Joseph’s contemporary F.C.S. Schiller (18641 937) stayed mostly
at Oxford until the 1920s, publishing his Formal Logic (1912) during
that time; but in 1926 he moved to California and wrote Logic Sfor Use
(1929), sarcastically expressing his dislike for Oxford in the preface.

As this paper is centred around Russell and his position, a detailed
account of these various philosophers is not appropriate here.¢ This is

¢ The potted biographies above have been drawn from various sources, including The
Encyclopedia of Philosophy, the Enciclopedia filostfica, and the Dactionary of National
Biography. Not surprisingly, the richest history of English philosophy for the period
covered by this paper is by a German: R. Metz, Die philosophische S tromungen in Gross-
britannien, 2 vols. (Leipzig: 1935). Vol. 1 contains accounts in its latter pages of all
our Oxbridge philosophers, except Cook Wilson; he appears in Vol. 2, as do quite
detailed surveys of the philosophy of Russell (and of Whitehead and Moore) and a
summary of the rise of mathematical logic. This book appeared in English, as the
single volume A Hundred Years of British Philosophy (London: 1938). The best text
of English-speaking origin comes from Australia: J. Passmore, A Hundred Vears of
Philosophy, 2nd ed. (London: 1966), Chaps. 4-1I passim. See also n. 105.
T omit C.L. Dodgson (1832-1898), although his Alice books show him to be a phil-
osophical logician of considerable penetration. Unfortunately he did not receive the
attention that he deserved. See also 1. 78 below.
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a merciful relief, for by and large they are not the clearest or pitl}iest
writers among their profession. Some principal features are outlined
here; further details arise in section 4. Broadly speaking, most of them
were idealists of an Hegelian orientation, though to varying degrees of
adherence. Judgment and inference were the chief topics, although
their character and content were disputed: whether a judgme}lt was a
psychological act, or the product of such an act, or the constituent of
meaning; whether it dealt with reality (or Reality), or was part of Real-
ity itself; whether an inference was a particular kind of judgment or
not, and how each related to propositions. Other areas of study.and
dispute included categorical vis-a-vis hypothetical judgments, univer-
sals and particulars, and theories of truth (coherence, co.rrespondence,
and so on), the logic and character of relations, and logical and gram-
matical forms. Inductive or empirical logic was often included, as logic
moved into the philosophy of science and thus to knowledge more
generally. .

This realm of concern was known as “philosophical logic”; normal.ly
it made no use of symbolism, apart perhaps from some modest use 12
expressing the various modes of syllogistic reasoning: When “formal
or “symbolic” logic was called for, the algebraic logic was drawn on,
at least Boolean algebra (in the more “practical” version c‘ieveloped
especially by Jevons); sometimes it included Schréder’s log{c 'of rela-
tions and/or Peirce’s logic of relatives, together with the pertaining the-
ory of quantification.? ‘

The presiding genius over these traditions was not Boole or his suc-
cessors, but Hegel. For Bradley, Bosanquet and especially McTaggart,
Hegelian philosophy was a major influence on questions such as the
status of logic vis-g-vis dialectic, the place of the Absolute, and th.e
criticism of a psychologistic theory of judgment. But tl}ere were a vari-
ety of differences within the panorama. For example, in a variant ver-
sion McTaggart replaced monism by a pluralist ontology admitting the

7 One of the best Oxbridge presentations of the late nineteenth century is W..E.. John-
son, “The Logical Calculus”, Mind, n.s. 1 (1892): 3-30, 235—50, .340—57; {t is espe-
cially interesting on quantification. As an example of the compllcatlo{ls. of this Penod,
Johnson was positively influenced by Jevons, who was a strong critic of Mill; and
none of these three subscribed to the various idealist traditions.

J.M. Baldwin’s Dictionary of Philosophy and Psychology, Vol. 2 (New York ar%d
London: 1902) treated logic quite generously: L. Couturat.and C. Ladd-Franklin
covered “Symbolic Logic or Algebra of Logic” in some detail (pp. 640—51‘2, supple-
menting C.S. Peirce’s own account of “Logic” in general (pp. 23—7) and Relathlves
(Logic of)” (pp. 447-50, where Russell and Whitehead’s recent efforts were briefly
noted and Schréder’s contributions sharply criticized).
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distinctness of individuals (while still remaining in harmony with the
unity, of course). Again, Bosanquet criticized his fellow monist Bradley
for maintaining a distinction’ between hypothetical and categorical
judgments. Bradley himself took many of his logical ideas from other
German sources, such as Lotze and Sigwart; as far as logic was con-
cerned, he opposed both empiricist traditions such as Mill’s and also
psychologistic traditions, regarding a judgment as concerned with its
meaning (its ideal content, one might say), not with an ensemble of
physical examples, or with the mental act or event involved in forming
1t.

The empiricist tradition in England was most forcefully advocated
by Cook Wilson, who broadly followed Mill, and also opposed ultimate
explanations and the importance of judgments. However, inference was
still a major concern. Similarly, Johnson and Stout adopted more eclec-
tic positions, with varying (confused?) skeins of allegiance to idealism
and to realism. Finally, Schiller also opposed Bradley and McTaggart,
but followed W. James into a generally pragmatic standpoint, won-
dering if all types of logic may be empirical and claiming that all mean-
ings were acquired only in use rather than being fixed in some Real or
Ideal realm.

These authors did not intend their work to serve only at the
“research” level: in addition, apart from Bradley they gave courses at
their universities, sometimes assisted by more minor figures. This
brings us naturally to the young Russell.

3. RUSSELL’S MATHEMATICAL LOGICISM

As an undergraduate, Russell acquired a reading list in philosophy in
1892 from Joachim. “I remember only two items in the list”, he
recalled later, “one was Bradley’s Logic which, he said, was good but
hard; the other was Bosanquet’s Logic which, he said, was better but
harder.”® For the next five years he worked within Kantian and Hege-
lian traditions, the latter seemingly in a pluralist version; but when
addressing the Apostles on the serious question “Seems, Madam? Nay,
It Is”, he found himself out of sympathy with both Bradley and
McTaggart, and took as fundamental the distinction between appear-

¢ B. Russell, My Philosophical Development (London: 1959), p. 37. Russell was related
to Joachim by marriage. The list is to be found in a letter probably written on 27
September 1892 (RA, file 710.110946).
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ance and reality.® Then, in the following two years, two crucial expe-
riences happened: firstly, with G.E. Moore (1873-1958) he -broke
completely with all idealist traditions in 1898 and took up a strongly
realist and empiricist stance; secondly, he discovered Peano’s mgth?-
matical logic at the International Congress of Philosophy in Paris in
1900.10 . :

Under these influences Russell was able to reorientate his thought
on the foundations of mathematics. After his fellowship essay, pub-
lished as An Essay on the Foundations of Geometry (1897), he had been
trying to ground “mathematical reasoning” on something or other. An
effort of 1898 shows influence from Whitehead’s Universal Algebm of
that year, in the prominence of the manifold and the exploration of a
logical calculus. Another draft of 1899-1900 was post-Mpore but pre-
Peano, and showed a much greater interest than he had hitherto exhib-
ited in Cantor’s set theory." However, these drafts were largc?ly set
aside after the great discovery of Peano’s work in 1900. To this new
mathematical logic he rapidly added a logic of relations, and then
advanced to the logicist thesis that it could all serve as the sole source
and ground for “all” mathematics." He even gave a lecture course at
Cambridge on “The Principles of Mathematics” in the academic year

° The manuscript is published in Russell’s Collected Papers, Vol. 1: Cambridge Essays,
1888-99, ed. K. Blackwell, A. Brink, N. Griffin, R.A. Rempel and J.G. Slater (Lon-
don: 1983), pp. 105-11. His notes of 1898 on McTaggart’s lectures. on Lotze are hel’d
in the Ottoline Morrell papers (n. *): I have not seen them. On this part. of Russell’s
life, see N. Griffin, “The Tiergarten Programme”, and on his concern with geometry
at this time, which I do not discuss here, see J.L. Richards, “Bertrand Russell’s Essay
on the Foundations of Geometry, and the Cambridge Mathematical Tradition”. Both
these papers are to appear in the proceedings of the 1984 conference on Russell’s early
technical philosophy, held at Toronto. ;
See My Philosophical Development, pp. 54-5, 65-8 (where the story on p. 65 of Peano’s
immediate delivery of his papers at the Congress is a slip of Russell’s. memory: they
were posted on afterwards). Note the importance of personal contact w1t.h Peano: Rus-
sell had possessed since July 1898 at least one Peanesque essay, but its 1mp0rt.:«mce.
had not dawned on him (copy in RA of M. Pieri, “I Principii della geometria di
posizione ...”", Memorie della Reale Accademia della Scienze di Torino, (2), 48 [1899]:
1-62.

These manuscripts, and various others, are due to appear in Russell’s Collected Papers,
Vol. 2. I shall not discuss his manuscripts in this paper, but refer for a survey to my
“Bertrand Russell’s Logical Manuscripts: an Apprehensive Brief’, Hz:story and Phi-
losophy of Logic, 6 (1985): 53—74 (here, pp. 57—9). They are deployed with great effect
in N. Griffin, “Russell on the Nature of Logic (1903~1913)”, Synthfase, 4§ (198.0):
117-88. I also only cite Russell’s unpublished correspondence, with little discussion
of it.

=S
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.1901—'02‘, for the Mathematics Tripos, the first course of its kind offered
in B.mam;12 but also in 1901 he found his paradox. 13
Since this account brings out the difference between Russell’s new
app.roach and the rejected idealism, one similarity is worth stressing
While the metaphysics of neo-Hegelianism was now abandoned its'
methodology was retained, to the important extent that he was sensi,tive
to the detection of paradoxes in theories: indeed, he may at first have
iegarded this paradox as just another puzzle, to be resolved in some
higher” theory. However, he came to see that it was a much more
fundamental setback than that, and—again in a neo-Hegelian vein—he
csﬂlecteczl as many paradoxes as he could, to gauge the extent of the
difficulties. In this way he was lucky, as well ag clever, to find his par-
adox at a relatively early stage—in Contrast to Frege, for example, who
had the first volume of his Grundgesetze der Arithmetik publishe(’i and
the secqnd in proof before learning of it from Russell.
]‘)e'splte this setback, Russell did not abandon the basic notion of
logicism; he gave it extended prosodic treatment in his The Principles
- of Mathematics (1903), including a sketched attempt to solve the par-
adox. Stout found the book to be “fundamentally wrong”’; but Russe]l
pressed on, with the collaboration of his former teacher A.N. White-
hegd ( 1861—1947), and they eventually produced three volumes of their
Principia Mathematica (1910-13), in which the full symbolic story was
revealed.' In between a variety of papers appeared, the most substantial
Z)f tl;os;: ;n English coming out in the Proceedings of the London M ath-
osoc; ;lci " Ljvg;eﬁzl :II:i tn the American Fournal of Mathematics, not in phil-

'? See Cambridge University Reporter, (1901-02), p. 41. Russell lectured at 5.00 p.m. on
Tuesdays .and Thursdays for the first two terms. This was the only cmirse t.hat. he
gave:. Whitehead’s teaching is described in n. 15 below. Both men taught for the
Specxal. Board on Mathematics; meanwhile, over at Moral Sciences the usual courses
were given by Keynes (backed by one Niven) in “Logic” for all three terms, and
Johnson on “Advanced Logic” for two terms. This latter course was taught oniy on
demand; see C.D. Broad, “William Ernest Johnson”, Proceedings of the British Acad-
omy, 17 (1931): 491-514 (p. 502).

B See my “How Bertrand Russell Discovered His Paradox™, Historig Mathematica 5
(1978): 127-37; J.A. Coffa, “The Humble Origins of Russell’s Paradox” Russell nc’)s
33-34 (.1979): ;1—7; and also G.H. Moore, “The Roots of Russell’s Disc,overy of Par-.
;dol);es in Logic”, to appear in the proceedings of the 1984 conference described in

4 Letter to Russell, quoted in my “Bertrand Russell’s Logical Manuscripts” (n I1), p
53. Moore wrote a long review for the Archiv fiir Geschichie der Philosophie (iette; t(;
Russell, 23 Oct. 1905, in RA), but it was never published. It is kept among the Moor
papers, Cambridge University Library (not consulted); copy in RA. ‘
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Who were Russell’s intellectual friends and supporters during this
ime? At Cambridge there was Whitehead, who lectured in various
spects of the foundations of mathematics and mathematical logic from
902;"* and also the young G.H. Hardy ( 1877-1947).'® Moore’s backing
ould only be of a general kind, and he even left the University for
ome years in 1904. There was another supporter in P.E.B. Jourdain
1879-1919), an undergraduate participant in Russell’s lecture course
f 1901—02, who later wrote badly on the foundations of mathematics
nd excellently on its history;'” and a fellow mathematics student with
ourdain at Trinity and also 2 member of the Apostles, R.G. Hawtrey
1879-1975), who made his name in economics (like yet another Apos-
le, Keynes fils) but who knew enough logic to read the manuscript of
’rincipia Mathematica.'s In Oxford, where Russell lived from 1905 and
vrote much of Principia Mathematica and many of his philosophical
rapers, there was G.G. Berry, employee of the Bodleian Library and
‘the only man I found in Oxford who knew any mathematical logic.”!
{Isewhere very few people could take an informed interest; the bar-
ister A.B. Kempe (1849-1922), who refereed one of his papers for the
-ondon Mathematical Society;?® A.T. Shearman (1866-1937), student

** As Whitehead did not blossom as a philosopher largely until after this period, and in
any case, unlike Russell, not as an offshoot of logicism, I shall not discuss his position
in detail here. A welcome source on his mathematics is provided in Lowe’s biography
(n. 5), Chaps. 9—14 (here, pp. 208—12 on Whitehead’s Cambridge teaching). Accord-
ing to the Cambridge University Reporter (see n. 12), Whitehead offered one or two
terms’ worth of lectures under varying titles. Since the times came to be arranged at
mutual convenience, the numbers of students were presumably small (see Lowe, p.
311). In the late 1890s he had taught his universal algebra.

16 Hardy’s early mathematical interests included set theory, and the surviving letters
(both sides) in RA show his lively interest in Russell’s work. A study of the two men
would be worth a paper.

7 See my Dear Russell—Dear Fourdain (London: 1977) on their relationship and
correspondence. ‘

18 See Hawtrey’s letters to Russell in RA. Another undergraduate at Trinity at this time
was Jevons’s son, Herbert, who also became a well-known economist.

" Russell’s note attached to the exceedingly interesting letters from Berry. It appears
from this note that Berry invented the visiting-card paradox as well as the one which
Russell named after him (see Dear Russell—Dear Fourdain, pp. 50-1, 175-6).

 On the refereeing, see my “The Russell Archives: Some New Light on Russell’s Logi-
cism”, Annals of Science, 31 (1974): 387—406 (at p. 398). Kempe’s “Memoir on the
Theory of Mathematical Form”, Philosophical Transactions of the Royal Society of Lon-
don, 177 (1886): 1~70, is a good contribution to foundations: it has never exercised
influence, and is quite forgotten. His Nachlass was sorted out by the Historical Man-

uscripts Commission, during the 1970s, and is now stored in the West Sussex Record
Office, Chichester (file NRA 17595): it includes some letters from Russell (of which
the replies are in RA), Peirce and various mathematicians.
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fmd then Fellow of University College London, who was soon to write
in the new vogue;?' and H. MacColl (1837-1909), also a London grad-
uate and then a retired Boulogne schoolmaster.2 When compared with
the Oxbridge group, it was not a prestigious gathering.?3

4. SIMILARITIES AND DIFFERENCES BETWEEN THE OLD AND
NEW LOGICS

So far the outline of these old and new traditions in logic has been
_sketghy; in the rest of the paper I probe a little more deeply, comparing
n th}s section some aspects of the various traditions under a quintet of
he.admgs, as examples from the wide range of issues that could be
raised. Then I provide an ensemble of reactions to, and treatments of.
them during the 1910s and 1920s in the next two sections. However’
.the'account of the various logics is still very selective, whﬂe hopefull;
indicating the character of the larger, unknown story. Four limitations
are wgrth noting now: I have used Bradley’s Logic (1883) and Russell’s
P@nczples as the main sources for the respective traditions; in general
I cite authors’ books more than their papers, and not all of them even
tpen; among the periodical literature Mind is given preference, as the
S{ngle most important venue for dispute; and philosophical issties out-
side logic are touched on only occasionally.

4.1 Logic in “logical” order. As is now well known, Russell’s math-
ematlcal logic was laid out in a pretty clear order of topics. The Prin-
czples,‘ for example, started out with the propositional and predicate
calculi; ran through related topics such as implication, denoting and
tl}g status of classes and relations; then dealt with the logicistic defi-
nlthns _of finite cardinal and ordinal numbers, the real numbers and
continuity, transfinite arithmetic; and then moved to the calculus, parts
of geometry, Space, matter, and elements of dynamics. The inﬂ,uence
of mathematics on the imposition of order lies not only in the order
adopted but also on the growth in importance during the nineteenth
century of axiomatic methods, or at least systematic presentations. The

u Shearma'n’s writir}gs are described in subsection 5.1 below. He left money to finance
ir:) sggflonal series of lectures in logic, which are still held at University College

# MacColl’s work is noted in subsection 4.5 below.

B Of cours.e, Russell was gaining some appreciation abroad, where things always happen
more quickly: not only Peano’s circle but also Couturat in France, and Veblen, Hun-
tngton and Bocher in the U.S.A. Letters from them survive in RA. A broader’ study

of Britain than is attempted here would include
other figures: R.B.
E.E.C. Jones, for example. s - Haldane, and
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calculus is a particularly important case; from the 1820s on Cauchy
argued not only for an approach based on limits (which became dom-
inant thereafter) but also for an ordered treatment of the material.

By contrast, the traditional logicians did not stress order so strongly;
in particular, those of a (neo-)Hegelian persuasion rather deprecated it.
Bradley’s Logic begins with the words: It is impossible, before we have
started Logic, to know at what point our study should begin. And after
we have studied it, our uncertainty may remain.”’?* He chose to lead
off with judgments, covering in his first Book (including an oddly titled
“Chapter 11 (continued)”) their “general character” and principal forms,
followed by basic principles (identity, contradiction, excluded middle
and double negation) and their “quantity” (principally, extension ver-
sus intension) and modality. The second Book covered inference, a first
part on its general character and some special forms, the second dealing
with association of ideas, and modes of inference, including Jevons’s
logical machine. The third and last Book also treated inference, with
an ensemble of considerations in two ill-divided parts, including its
general characteristics, analysis and synthesis, “the cause and the
because”, and validity. In addition, he began the terminal essays of the
second edition (1922) with the meta-judgment: “In treating of infer-
ence, judgment and ideas, whatever order we adopt has its own
disadvantage.”% ' :

4.2 Inference or implication? By contrast with Bradley, inference
received little attention in Russell’s Principles; the index lists only four
entries. For him implication was to be preferred, although to the mod-
ern view inference was mixed up with it. His longest essay on impli-
cation was a paper of 1906, which stated early on that

in order that one proposition may be inferred from another, it is necessary
that the two should have that relation which makes one a consequence of

% F.H. Bradley, The Principles of Logic, 2nd ed. (Oxford: 1922), p. 1. I cite this version
as it contains the text of the first (1883) edition unchanged; as is described in sub-
section 6.3 below, the new material was all additional. A valuable introduction to
Bradley’s philosophy, and that of some of his contemporaries, is furnished in A. Man-
ser, Bradley’s Logic (Oxford: 1983); here, see pp. 47-8. See also Manser and G. Stock,
eds., The Philosophy of F.H. Bradley (Oxford: 1984).

Both sides of a quite extensive correspondence between Russell and Bradley are
available in RA. Bradley’s papers are conserved at ‘Merton College, Oxford (not
consulted). ' ” '

» Bradley, ibid., p. §97.
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the other. When a proposition ¢ is a consequence of a proposition p, we say
that p implies q. Thus deduction depends upon the relation of implication. ...
A similar scan of the index of Bradley’s Logic shows that implication
received no treatment in the first edition. However, since like Russell
the idealists did not distinguish logic from metalogic, the difference
here should not be over-stressed. For example, in the Principles, Rus-
sell agreed with Bradley that ““in a particular inference, the rule accord-
ing to which the inference proceeds is not required as a premiss, %7
Russell’s index omitted “judgment” entirely; but he did use a some-
what similar notion, that of the assertion of a proposition. This was
introduced in his account of implication, to solve ““a very difficult prob-
lem”. The difficulty was caused by his failures to distinguish impli-
cation from inference and use from mention; for it was caused by the
(alleged) fact that the rule of modus ponens, which “eludes formal state-
ment, and points to a certain failure of formalism in general”, allowed
the antecedent p, when asserted as true, to be dropped from p2q, so

that ¢ was asserted on its own, and thus “proved”.2s Again in the 1906
paper,

If I say “Caesar died”, I assert the proposition ‘‘Caesar died”’; if I say “‘Cae-

sar died’ is a proposition”, I make a different assertion, and “Caesar died”
is no longer asserted, but merely considered.?

This distinction is not the same as the traditional one between cate-
gorical and hypothetical judgments, at least for our idealists, where the
issue hung on reference to facts or to ideas, on the status of universal
affirmation, and related matters.3¢

The issue of implication and inference was aired between Bradley
and Russell in 1910 in Mind. In response to Bradley’s vaguely phrased
view that implication means “that something is both itself and more
than itself”,*! Russell held that in an inference, “the premiss and the

% B. Russell, “The Theory of Implication’
159202 (p. 159).

7 B. Russell, The Principles of Mathematics (Cambridge: 1903; repr. London: 1937), p.
41, in the chapter on “Implication and Formal Implication”.

% Ibid., pp. 34-s.

» Russell (n. 26), p. I61.

% Bradley (n. 24), Pp. 41—90. For commentary, see Manser (n. 24), pp. 107-17.

3 F.H. Bradley, “On Appearance, Error and Contradiction”, Mind, n.s. 19 (1910): 153~
84 (p. 180). Note also his solution to Russell’s paradox by denying self-membership
to classes (pp. 181-2; compare his Logic [n. 24], pp. 174-82), his association of zero
with negation (pp. 183—4), and his great general praise for Russell (pp. 178-9, 185).

» American Journal of Mathematics, 28 (1902):
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implication are known to us first, and are th_e means by Wl:llf:h we Zolrer:;
to know the conclusion.”? Unfortunat?ly his prlpC}pal ertlllllgs ar :loss
clear on the point. One reason, the failure to distinguish t eoryl t Ii'mo
meta-theory, was mentioned above. Onp mlg.ht. say thgt _h1§ re;zlo PO
pluralism did not go far enough, for his logic is monistic in the se
i re. .
dls:.l_;,ssliir}t; against the copula. One of the best known and re;oglmze;c}
features of the mathematical logic of Peano'and Russell (arfl a soOSi_
Frege) was the replacement of subiect—pre(.ilcam analxss:s o1 ?roption
tions in terms of ““is” or “are” by dissection into propositiona ilflin:tion
and its argument, with all the attendgnt con_sequer.lces'for quillxlltorc ton
theory, the role of both membership and inclusion in §e‘; e yﬁten-
distinction between nothing and the empty set, new insig tson i "
sion and extension, and so on. The importapce of ,thl_s novelty wlaz we
understood at the time: for example, Burali-Forti’s little mar(liua fg(;z
by saying that “we write the sign ¢, first let'Fer ‘of ‘the word eor;rcué in
place of the affirmation is a.”’3® Russell gave it similar ‘prom;ne o in
his writings, initially in a manuscript apparently Wgtg:x; o:i ! ; i
around 1901 but for some regrettable reason not publis ed, ax}1 ! gar-
in the Principles, especially in the chapters on classF:s an bi)n : p0t_
adox.* The traditionalists were very slow (or even incapa e). 0 asl?s o
ting the importance of these issues; Fhey 'stuck. to the ex]l:sensllc;rrl1 istic
whole—part theory, a theory of collecthns inherited from oole ' 3{6;
bra. Thus they continued to dissect with some crudg 1nstrpm<;n r.eaC_
This ignorance of the “new’ set theory is well ev1ant int 'i' «
tions to Russell’s paradox itself. For example, C9ok Wllsog3 \;vrl I1lr11§l o
Bosanquet in 1904, found it to be a “rathe’r fpohsh fallacy l, or oo
was ““a fallacious verbal mistake of Russell’s in facf‘that a class as” Wajs)
could be distinguished from a class as one”, since ““a class as one

32 B, Russell, “Some Explanatiohs in Reply to Mr. Bradley”, Mind, n.s. I(? }(119:;1);“ 3;;3;

8 (p. 375); note also his claim now to eliminate classes (pp. 376-7), and his
. 3
of Bradley’s views on negation (pp. 377-8).

3 Burali-Forti (n. 2), p. 1. ~ . . .

3 BurRussell ‘(‘Recent Italian Work on the Foundatlo.ns of M.athematms .(;{A);’ (:Z
a;;pear in éollected Papers, Vol. 3. 1 ascribe its destination as Mind from CO%SI erﬁ it "
of its length, level, and similarity of title to his “Recent Work on the Philosophy
Leibniz”, Mind, n.s. 12 (1903): 177-201. ' o

3 Tzle Ix’lrinc’iples of Mathematics, Chaps. 6 and 10; compare his letter to Jourdain in Dear
Russell—Dear Fourdain, p. 133. . ) ) .

3 However, the traditionalists did not necessarily only affirm }slub]ect/prfl(iislcg(e)tgll:tsf:n

i i i j for judgments. However,

tions; in particular, Bradley rejected them . v i
la(;'nisn hispmonism (see N. Griffin, “What’s Wrong with Bradley’s Theory of Judg
ment?”, Idealistic Studies, 13 [1983]: 198-225).
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“a unified manifold of elements” and so could not belong to itself.3”
Unfortunately, this form of an extensionalistic view of classes rendered
whole areas of respectable mathematics impossible. The mathematical
ignorance of the idealistic philosophers inured them from the discom-
fort of this knowledge;* but Wilson is a different case, for he had a
mathematical training and indeed in 1905 published an interesting book
on graph theory® (then indeed a little developed branch of mathemat-
ics). So his hostility seems a little hard to understand.

As has been mentioned in section 3, the difference in mathematical

competence between the old and the new logicians is one of their chief
points of difference. Now one of the novelties of mathematical logic
was its non-equational character, in contrast with Boolean algebra and
its extensions into the logic of relations and relatives, where ="
‘referred to the"co-extensionality of classes and/or the equivalence of
propositions. In addition, it paid little attention to duality, which, espe-
cially in Schroder’s hands, had become a prominent feature of the post-
Boolean algebraic logic.* Further, in being applied to (or, in Russell’s
view, embracing) arithmetic, it had bearing on quantitative mathe-
matics, a possibility which traditional logic could not emulate,

4-4 Pluralism, relations and non-existence. Most of the idealists were
monists, and as a consequence regarded relations as internal (that js,
in some way adherent to the objects which they related). Bradley did
not discuss the matter in his Logic, but gave it prominence in his suc-
ceeding Appearance and Realiy (1893). “Every quality in relation has,
in consequence, a diversity within its own nature”, he wrote there, not
very limpidly, “and this diversity cannot immediately be asserted of

the quality. Hence the quality must exchange its unity for an internal
relation.”!

7 Cook Wilson’s letter is published in his posthumous Statement and Inference, ed.
AS.L. Farquharson, 2 vols. (Oxford: 1926), 1: cix—x. He had passed on these views
to Stout, who echoed them to Russell in letters of Russell of 1901 and 1903 (held in
RA). This view is similar to Bradiey’s cited in n. 3I.

% Take, for example, J.M.E. McTaggart, A Commentary on Hegel’s Logic (Cambridge: /
1910), Chap. 3, on “Intensive and Extensive Quantity”. In his preface he thanked
Russell for reading this chapter, but on its P. 43 he claimed that hig treatment “would
only be slightly affected” by Russell’s recent claim that Hegelian philosophy was irrel-
€vant to ctiticisms of mathematics (“Mr, Haldane on Infinity”, Mind, n.s. 17 [1908]:
23842 [p. 242]).

¥ J. Cook Wilson, On the Traversing of Geometrical Figures (Oxford: 1905).

“ On algebraic logic see, for example, F. Barone, “Pejrce € Schroeder”, Filosofia, 17
(1966): 181-224. For a fairly extensive comparison of it with mathematical logic, see
my “Wiener on the Logics of Russell and Schréder ...”, Annals of Science, 32 (1975):
103-32,

4 F.H. Bradley, Appearance and Reality (London: 1893), p. 31.
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Russell had been interested in relations during his. 1deghst.pl§1atse,42
and maintained his interest after his revc?lt against idealism; lualci;r;
finding such a monism in his studies of Le;bmg he turned to z; 'risu;r "
position, in which the relation was held to be 1ndependefnt 0 ;3 dlge
ments.* In the Principles he quoted the above passage i?r’;*lh ra ttZ;
and argued against its position in his account of plurahls{m. . dee ;;?ded
came up again in their 1910 exchange in M 'md, Yvhere usse | defended
his view that a complex could be analyzed into its components a1 sl
retain a certain sense of unity in itself.#> The dlfferences over rela
were a particularly important example of the dlsaccor‘d. en b

Russell took a non-standard position on reference. in 1905 \l;v °n be
published his paper “On Denoting”. Famous tqday, 1t4f6aceq re }]:C an <
from editor Stout over its acceptance for publication.* This tt eoryi i
now so well known that an account is not needed here: the mfal(ril go it
to stress here is its strict stipulations. on the refex:enge of de znd
descriptions, in tune with his new realist an'd reductlon;st viezvgfects
strongly in contrast to the luxurious Hegelian world‘ 0 reﬁ‘ ° éxisté

“Wherever we predicate, we predicate al.)out' somet.hlr‘l‘g VZ{ 1ch‘Ch -

beyond the judgment”, claimed 1Brgdify in b:;elz)‘:f;cile :(?s 0\;1 (:utside
ind it may be) is real, either insi i

gllé?:‘::;;( :E‘:hllts wa; we Bnust say that ‘is’ never can stand for anything

but ‘exists’.”’¥

42 See Russell’s letter of 13 September 1898 to Moor;, arlxld tlli:tmatnu:;lgle);roifnl80909”2221‘;
i i ions” h in RA, the latter to
tled “The Classification of Relations” (bot 1 R/ . : . foected
ily i his discussion with his paper
, Vol. 2). Moore entered tardily into th . : '
f:g eIrrslternal Relations”, Proceedings of the Aristotelian Society, n.s. 20 (1919—20): 40—
62 (revised in his Philosophical Studies [London: 1922], Chap. 9).
4 See Russell’s account in My Philosophical Develo?ment, PP- 54-5.
# The Principles of Mathematics, pp. 2216 (quota.n(?n (::1 p. 224). S0 Russel
4 Bradley, “On Appearance, Error and Contradiction” (n. 31), pp. 179— 7:}, Develi
“Some l,Sxplanations” (n. 31), pp. 373~4. For commentary , see R. Ja:gier, g ?uemin
opment of Bertrand Russell’s Philosophy (London: 19726)§)pp. 532—2929,7an J. Vu s
i ] ] 1] (Paris: 1968), pp. 222-7. .
Lecons sur la premiére philosophie de Russe PP ‘ .
* Bfglgussell, “(I;n Denoting”, Mind, n.s. 14 (1908): 479-93; various reprints, lncléldlcl')l;gl
in Russell’s Logic and Knowledge, ed. RC Mz:‘r.shl(llgonc,lo?: 1?5?)), 81;p. 39-56.
’s unwillingness, see Russell, My Philosophica P > p- 83. .
St(Xlr:ostlllleI; interfsting point of comparison between Russell and Oxbridge, not studied
i i ive i i Meinong. .
here, is their respective interpretations of : ' i
i B‘:lz:iley The Principles of Logic, p. 42. In his paper Russ;ll pralse:d Brl:id:ey nsl vl;g;
at one l;oint (ibid., p. 481); but this was in agreement with the view tha .ul ersal
affirmative propositions (for Russell, judgments for Bradley? were hypolt) c;ncsacarmw
than categorical. On the difference between these two posxilons, see, . .lRemmh,
“Bradley’s Influence upon Modern Logic”, Philosophy and P. gica 5

22 (1961-62): 380-2.
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. Mathematics seems to have had an influence on Russell’
In that the interest in definite rather than indefinite descriptions surel
arose.fron} the need to express values of (single-valued) mathematica}l,
functions in his developing logicism. His interest in Peano had initiall
.be'e'n sparked by Peano’s insistence at the 1900 Paris congress that d fy
nitions of classes needed a symbol for “the” -
Along with Russell’s rejection of monism came a dismissal of the
apsolute theory of truth, for it too drew on an all-embracing concep-
tion, One would have expected, therefore, Bradley to have advocatfd
1t strongly; but his Logic is rather quiet on truth, and the remarks he
prgsentgd are far from happy. For example, he presented the “Principle
of identity” as “Truth is at all times true”, which he confessed to ge

s theory, too,

not very clear, but perhaps it will find acceptance with most readers. What

'lIt~ l:neans, hf)wever, is much more definite, and will be much less welcome.
5 e‘real axiom of Identity is this: What is true in one context is true in another.
Or, if any truth is stated so that a change of events will make it false then
1t 1 Dot a genuine truth at all. ’

To most readefs this axiom, I have ljttle doubr,

statement, will seem a false

Jogrdam was to pick this up in 1909 in a letter to Russell wornderin,
1f. Bradley thought that at least one of his readers will ac’cept a rin%
f:lple whose_meaning seems to the reader false.” Russell howgver
1nterprete-d 1t as Bradley giving “2 statements of his prir;ciple anci
ZXpects h1§ re‘aders_ to think that they express different principl:es.”50
: ro}t:qd this time, in fact, Bradley was Systematizing his thoughts on
pl;ll; ! c11n htihehvolume Essays on Truth and Reality (1914); but while he
peed. b: uggiia?rrlla ;11 ec.(;herence theory of truth, he found absolute
. A strong claim for the coherence theory of truth, with its attendant
{deahsm and even monistic aspirations towards absolute truth (and also
mtemal relations), came forth in 1906 in Joachim’s book The Nature of
Truth. Russell read the chapter on his and Moore’s new realism,’? and

* See Russell’s report of this detail
and Schréder ...” (n, 40), p. 1I10.
# Bradley, The Principles of Logic, p. 143.
: gee I]l‘)ly Dear Russell—Dear Jourdain, pp. 117-18.
ee D. Holdcroft, “Bradley and the Impossibilj
. . possibility of Absolute Truth”, H;
Philosophy of Logic, 2 (1981): 25-39. See also n. 98 below. > Histon and

2 H. Joachim, The Natur, T
acknomtad o e of Truth. An Essay (London: 1906); Russell’s reading was

to Wiener in my “Wiener on the Logics of Russell

Russell’s logicism versus Oxbridge logics 117

wrote against Joachim in a paper of the following year delivered to the
Aristotelian Society. He found the correspondence theory most con-
genial to his position: a true proposition corresponds to a fact, and the
ensemble of truths is a piecemeal affair, not glued together as some sort
of monistic intension.>® However, his view left him with difficulties of
its own, for he could not allow a false proposition to correspond to some
“objective falsehood” (his phrase) without infringing his desire to elim-
inate abstract objects. This quandary helped him to abandon his cur-
rently favourite logicistic system, his “substitutional theory”, for it
assumed truth-values of propositions among its objects.> But he never
sorted himself out on the matter; when reprinting the 1907 essay in
1910 he omitted the part on objective falsehoods,’* and he both admit-
ted and denied propositional quantification in Principia Mathematica .
Later Joachim rather mercilessly pointed this out, and claimed that
Russell’s abandonment of false propositions “betrays a deplorable
weakening of his faith.”s?

4.5 The feasibility of “possible”. Another logician of this time who
admitted a richer realm of existence than Russell’s, without however
ascending to the Hegelians’ capacity for reification, was MacColl. He
evolved some individual views of his own on logic from the 1870s,
which at last gained some currency at the beginning of the new century,
when he was in his sixties.

We take first the last two of a sequence of short papers placed by
MacColl in The Athenaeum. In the first he presented his view of “pos-
sible statement” as one ‘‘not incompatible with our data, or defini-
tions”, contrasted it with Bradley’s definition as a consequent of a set
of conditions of which some actually obtained, and noted that Russell
had used this form in his 1897 Essay on geometry. In the last paper he

* B. Russell, “On the Nature of Truth”, Proceedings of the Aristotelian Society, n.s. 7
(1906-07): 28-49. Compare his paper of the same title in Mind, n.s. 15 (1906): §28—
33; by contrast, see R.F.H. Hoernlé’s largely enthusiastic review of Joachim’s book
on pp. 546-53.

54 For details of this matter, see my “The Russell Archives” (n. 20), 398—401; certain
other factors were involved in the demise of the substitutional theory. A selection of
the pertinent manuscripts is planned for Collected Papers, Vol. 4; one was published
posthumously in Russell’s Essays in Analysis, ed. D.P. Lackey (London: 1973), pp.
165-89, though bereft of editorial explanation.

5 B. Russell, Philosophical Essays (London: 1910), Chap. 6.

56 In Principia Mathematica, Vol. 1 (Cambridge: 1910), compare pp. 41 and 129 (printing
of the 2nd edition of 1925).

57 H. Joachim, Logical Studies, ed. L.]. Beck (Oxford: 1948), pp. 257-60: see also pp.
230, 244-51 on aspects of Russell’s thought. This book was posthumously edited by
Joachim’s son-in-law. :
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criticized as illegitimate the use of “possible” in advocating non-Euclid-
can geometries, including infinitesimals as existent objects.s® In a short
reply Russell modified Bradley’s definition slightly, and exposed the
unhappiness of MacColl’s applications to geometry.®

A more extended statement appeared in Mind the following year,
when MacColl took the view that the existential import of propositions
had to extend to a “universe of unrealities” as well as to that of “real-
ities”; however, rather than granting existence all round he admitted
the categories of impossibility and certainty into predication.s In 3
short reply Russell quibbled over the need for more realities, appealing
to his theory of definite descriptions (which was soon to appear in the
journal) for a criterion of existence of realities and to (Peano’s) defi-
nition of the non-emptiness of a class to define its existence as the sense
“used in symbolic logic”.5! (As in fact Russell used the word “exist-
ence” in still other senses,* his explanation here was not complete!)
MacColl held his ground, with the example of two disjoint classes of
real members whose empty intersection class was apparently “logically
equivalent to an unreal class made up of unreal members.”’s3

In 1906 MacColl’s S ymbolic Logic appeared, a slim book of 140 pages.
He presented this theory in considerable detail, admitting not only
“true” and “false” but also “certain” (as always true), “impossible”’
(as always false) and “variable” (as possibly true sometimes and pos-
sibly false otherwise); he also developed a symbolic language to state
these properties of predicative propositions.s* Mind sent the book for
review to Russell, who praised many of its features, but found the five-
fold distinction just mentioned as arising “from the fact that he deals
rather with verbal expressions than with what is meant by them” and

%8 H. MacColl, “Symbolic Logic. VI and “VII”, The Athenaeum, nos. 4,005 and 4,007
(30 July and 1 3 Aug. 1904): 149-51, 213-14, citing Bradley from Keynes’s Logic and
Russell from An Essay on the Foundations of Geometry (Cambridge: 1897), pp. 198,
199.

** B. Russell, “Non-Euclidean Geometry”, The Athenaeum, no. 4,018 (29 Oct. 1904):
592-3.

% H. MacColl, “Symbolic Reasoning”, Mind, n.s. 14 (1905): 74-81; also in Russell,
Essays in Analysis, pp. 308-19.

¢ B. Russell, “The Existential Import of Propositions”, Mind, n.s. 14 (1905): 398—401;
also Essays in Analysis, pp. 98~102. :

€ See the gory details in Dear Russell—Dear Fourdain, pp. 98-102.

¢ MacColl, [Reply to Russell], Mind, n.s. 14 (1905): 401-2; also in Essays in Analysis,
pPpP. 31922,

% H. MacColl, Symbolic Logic and Its Applications (London: 1906), pp.1-23, for the
outline. Much of his theory was developed in his earlier bapers on logic, which are
not discussed in this pape
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thus was “importing into logic the defects of common spee;h”. Fur-
ther, the three extra categories could apply to propositional unctlons;
of which the values could vary with dlffer'ept values of the argurpend
variable(s); but even then Mac(;oll’ss unrealities should not be admitte

i nges of these variables.® '

mt’?l:? e:iiljsilgiieement between the two men rurpbled on in the‘ Iﬂages of
Mind over the following years, without addmg any essentially new
points.®® MacColl’s work is seen now as a pioneering gontrlbutlon
toward modal logics, whose aims include the encapsulation of Cs.iorrIle
features of common speech against which Russell h_ad demurred. r;
many ways MacColl’s advocacy was not clc?ar (especially the status l(1)

the unreal entities); but in his lonely iSOlatIOI} on the Frenc?h coa;t e
came to a new view as distant from the Oxprldge 9rthodox1es as rolin
Russell’s new views. Russell himself appreciated this novelty, for at the
end of his review of the book he wrote:

The present work is not quite in line with those of 'other current w}rllters
on symbolic logic; but it has merits which most of their w'orks do not have,
and it serves in any case to prevent the subject from getting 1ntf) 2'1 groove.
And since one never knows what will be the line of advance, it is alvs:lys
most rash to condemn what is not quite in the fashion of the moment.

5. SOME APPRAISALS OF LOGIC OF THE 19108

Between 1910 and 1913 Whitehead anq Russell pub.lishéesd the first Fhree
volumes of their projected Principia Math‘emat?ca, ?nd logicism
received a definitive printed statement.. But in this section I coniern
myself with a few other writings of this perlo_d on logic, to 1s.ee os_/
logicism was handled. The order of treatment is chronological in pu

hcaslt.llorgheannan on “symbolic logic”. As was mentioned‘in section 2,
Shearman taught logic at University College London, during thg Il(:)oqs.
In 1906 he published a volume on The Deve?opmem of Symbolic 0gic.
In his preface he declared himself as starting out from, the opinion

i 1bi ] 6): 255-60.
6 B. Russell, [Review of ibid.], Mind, n.s. 15 (19.0 . e
% H. MacColl, “Symbolic Logic (a Reply)”’, Mind, n.s. ’I 5 (1906): 470—3,M Igozlllrzfi
‘Imply’”, 17 (1908): 151-2; B. Russell, ““If and ‘Imply’, a Reply to Mr. .alc s
pp. 300—,1; MacColl, “‘If” and ‘Imply’”, pp. 453—5. There is also a substantial group
of letters from MacColl of this period in RA.

7 Russell, review of MacColl (n. 65), p. 260.
¢ Whitehead planned and partly wrote a fourth volume on geometry, but he abandoned

it and had the manuscripts destroyed upon his death.
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expressed in correspondence by Johnson, to the effect that it was an
error to regard the various symbolic systems as radically distinct and
that instead there was “the logical calculus” towards which all were
working. Luckily Shearman did not base his text upon this false prem-
iss but surveyed some of the practitioners of algebraic logic, MacCoil’s
work (of which he was very critical) and the mathematical logic of
Peano, Frege, Russell and Whitehead.s® While no clear-cut impression
comes over, the book would have given the uninformed reader some
idea of the current interest in symbolic logic(s). His review of Russell’s
Principles in Mind for 1907 showed a good grasp of the book; he pointed
to several non-trivial infelicities of phrase, proposed the extensionalistic
solution to the paradox (but with a more careful discussion of the issue
than Cook Wilson’s noted in subsection 4.3 above) and gave some
attention to the latter parts of the book, where dynamics and matter
were treated. He also took in the recent discussion in Mind between
Russell and MacColl.™

Shearman’s other volume, The Scope of Formal Logic, came out in
1911; and instead of a panoramic survey he concentrated solely on
mathematical logic. In 160 pages he covered not only the basic com-
ponents of mathematical logic but also the construction of number and
space.”! Again, while his treatment was neither penetrating nor free
from slips, it was a serviceable introduction; indeed, it was one of the
first reasonably extended statements in English on Frege’s work after
Russell’s appendix to the 1903 Principles.”

5.2 The Encyclopaedia Britannica. Normally one would not regard
general encyclopaedias as appropriate sources in a context such as this;
but the eminent eleventh edition of the Encyclopaedia Britannica, which
appeared in twenty-nine volumes in 1910 and 1911, merits its inclusion
here. Logic was dealt with almost entirely in a long article under that
name, forty pages in length, in two roughly equal parts. The respective

¢ Shearman also included an extensive study of Castillon’s proposed system of 1803 (The
Development of Symbolic Logic [London: 1906], pp. 94-134). MacColl replied to his
criticisms in a suite of writings which partly intersect with the exchange with Russell
cited in nn. 63-6.

% A.T. Shearman, [Review of The Principles of Mathematics], Mind, n.s. 16 (1907): 254—
65. Note that it appeared four years after Russell’s book: presumably Shearman wrote
it after Johnson failed to produce one (on this, see Broad [n. 12], p. 503).

" A.T. Shearman, The Scope of Formal Logic (London: 1911). He did not include Prin-
cipia Mathematica, Vol. 1 in his account (p. xi), as it had only just been published.
Some letters from him survive in RA.

72 Note the sharp review of Shearman ibid. by A.E. Taylor in Mind, n.s. 21 (1912): 264~
7, itself notable for the reviewer’s deeper knowledge of Frege. Compare n. 94 below
and text.
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authors were Oxford men, though neither was an eminent logician of
his day. In “The Problems of Logic” T. Case covered syllogisms, Aris-
totle’s tradition, empirical logic, judgment and inference: Kant and
Hegel, and their followers, were the preferred modern writers, and they
dominated the bibliography. Then H.W. Blunt dealt with the history
by running through the Greeks and the scholastic and Renaissance
periods, followed by Hobbes, Locke, Kant and the Hegelians again: a
short final section on “Logic from 1830-1910” discussed only Bradley
and Bosanquet of recent English writing.” Mathematical logic
appeared only in the four-and-a-half-page article on “Mathematics”,
and then because its author was Whitehead.”

Thus the new approach had only gained a modest place in this gen-
eral survey of knowledge. Furthermore, it was seen as part of mathe-
matics rather than of philosophy, like the teaching of Whitehead and
Russell at Cambridge noted in section 3.

5.3 Jourdain’s contributions. Between 1910 and 1913 Jourdain pub-
lished a sequence of lengthy articles on the history of “mathematical
logic and the principles of mathematics” in the Quarterly Fournal of
Pure and Applied Mathematics. His choice of subjects is interesting—
in order, Leibniz, Boole, MacColl, Frege, Peano and Jevons—for it
reflects his interest both in mathematical and algebraic logic. Russell
was not a subject, but he read all the manuscripts;’ in addition,
MacColl, Frege and Peano read the drafts of the pieces on themselves,
and Jourdain incorporated their comments into the final version. Fur-
ther, the articles on Boole and Jevons drew on hitherto unknown man-
uscript sources, one group in fact now being lost.” For anyone capable
of following the technicalities, they gave a good insight into the newer
developments, and the differences between the various approaches: the
survey of MacColl’s contributions was especially judicious. Probably
the Oxbridge logicians never even heard of the articles.

™ “Logic” in Encyclopaedia Britannica, 11th ed., Vol. 16 (1911): 87996 (Case), 896
919 (Blunt). For a list of the entries for philosophy, see Vol. 29 (1911): 939—40.

7 A.N. Whitehead, “Mathematics”, ibid., Vol. 18 (1911): 879-82. There were many
articles elsewhere on individual branches of mathematics, including reprints from the
tenth edition of his piece on the axioms of geometry, and his revision of Russell’s
survey of non-Euclidean geometry (Vol. 11 [1910]: 730-6, 724-30).

s See Dear Russell—Dear Fourdain, pp. 118-19, 125, 128, 132.

7 P.E.B. Jourdain, “The Development of Theories of Mathematical Logic and the Prin-
ciples of Mathematics”, Quarterly Fournal of Pure and Applied Mathematics, 41 ( 1910):
324~52 (Leibniz, Boole); 43 (1912): 219-314 (MacColl, Frege and Peano); and 44
(1913): 113-28 (Jevons). The lost material is the bound volume of Booleana cited by
Jourdain as “H.” ( p. 332).
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Jourdain also publicized and discussed Russell’s logic in various
other writings. A pleasant version was a suite of satirical pieces which
appeared occasionally between 1905 and 1907 in The Granta, the Cam-
bridge University undergraduate journal,”” and then were expanded
into an article called ““The Philosophy of Mr. Bxrtr*nd Rxss*11” in The
Monist.”® In their way they subtly pointed to many aspects of mathe-
matical logic; and in a book review in Mind Jourdain showed his own
insight very strikingly when he urged logicians to “follow Frege” and
distinguish between Paris and ‘Paris”.” Thus he recognized the need
to distinguish a language from its metalanguage, and moreover that
Frege had perceived it already. These are commonplaces today, but
then they were painfully absent from logic, whether in its traditional
or new forms.

5.4 Schiller on logic. So far we have not noticed F.C.S. Schiller; but
his Formal Logic (1912) gives us an opportunity. As a pragmatist (he
led an English version of American pragmatism, which he called
“humanism”) he was enchanted neither by the idealists nor by Rus-
sell—indeed, he was more of an outsider than anyone else. For him
logic was strictly dependent on psychology, a function of emotion,
intention, and other such personal factors; his book was sub-titled “A
Scientific and Social Problem”. Hence, as he stressed his preface, “It
is NOT possible to abstract from the actual use of the logical material and
to consider ‘forms of thought’ in themselves, without incurring thereby a total
loss, not only of truth but also of meaming.” As one consequence, “A
Fallacy is a reasoning which may be known to be ‘bad’ from an inspec-
tion of its form™ (although elsewhere form was not to be distinguished
essentially from matter). This definition was broad enough to earn Rus-
sell his one mention in the work, for having “delighted the philosophic
world with many puzzles of the self-contradictory kind”; but he gave
as an example a remark by Russell on multiplication sums which will
never be thought of, a situation which only a pragmatist would find

7 P.E.B. Jourdain, “The Wise Man’s Problem”, Granta, 18 (1904-05), May-week num-
ber, pp. 23—4; “Four Little Puzzles ...”, 20 (1906-07): 123-5; “Essays on Logic. By
the Hon. Bertrand Russell”, ibid., p. 158.

78 P.E.B. Jourdain, “The Philosophy of Mr. B#rtr#nd R#ss1I”’, The Monist, 21 (1911):
483-508. A succeeding article appeared in 26 (1916): 24-62; and the two were revised
into a short book of this title (London and Chicago: 1918), followed by a selection
from the writings of Dodgson to reveal his logical skill (compare n. 6 above). Russell
contributed several of the chapters (see Dear Russell—Dear Jourdain, pp. 125-7).
Among Jourdain’s more serious writings on Russell see “Mr. Bertrand Russell’s First
Work on the Principles of Mathematics”, The Monist, 22 (1912): 149-58.

» P.E.B. Jourdain, [Review of H. Berkeley, Mysticism in Modern Mathematics (Oxford:
1910)], Mind, n.s. 20 (1911): 88—97 (p. 91).
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fallacious.® Naturally, he also adopted the pragmatic theory of truth,
in which truth is defined in terms of usefulness.

Russell reviewed the book sarcastically for The Nation, deploring
Schiller’s ignorance of the development of logic since Boole and judging
the pragmatic theory of truth to be the syllogistic conclusion drawn
from the premisses ‘“Everything in Aristotle is rubbish’ and “All truth
is in Aristotle.”®' A correspondence sprang up between the two as a
result of this review, in which Schiller wanted to apply truth theory to
propositional functions (like MacColl earlier) and tried to associate
judgments with useful truths; so the discussion was not very profitable.

5.5 The logic “encyclopaedia”. In 1913 appeared the first volume of
the Encyclopaedia of the Philosophical Sciences, a 270-page work sub-
titled “Volume 1. Logic”. The forms of words already quoted show its
Hegelian leanings, as does its composition as the English edition of a
German project; but the text following was not single-minded, and
indeed shows well the various conflicting but active styles in logic. The
Hegelian side was represented by enthusiastic pieces by the Germans
A. Ruge and W. Windelbrand (the joint editors of this encyclopaedia)
and a pompous contribution by the Italian B. Croce; but in addition a
long essay by the American J. Royce, while affirming a version of prag-
matism, made extensive use of Russell’s logic of relations in developing
a general theory of order, and Russell’s French follower L. Couturat
gave a dutiful (though superficial) account of mathematical logic, in
praise echoed by the Italian F. Enriques. Finally, one N. Losskij, based
at St. Petersburg, wrote on “The Transformation of the Concept in
Modern Epistemology and Its Bearing on Logic”, the latter being of
the traditional kinds.®?

% F.C.S. Schiller, Formal Logic (London: 1912), p. 373.

¢ B. Russell, “Pragmatism and Logic” [review of ibid.], The Nation, 11 (1912): 258-9.
Compare the original entry for December 1902 on the visit of Bradley, following the
text quoted ar the beginning of this paper: “Afterwards I made a fierce onslaught on
F.C.S. Schiller, with his William-James doctrine that the truth is what it pays to
believe.... Stout asked if I felt any compunction for my behaviour” (copy at RA,
where may also be seen both sides of the Russell-Schiller correspondence, about to
be mentioned).

82 The Encyclopaedia of the Philosophical Sciences, Vol. 1: Logic, trans. B.E. Meyer, Eng-
lish edition ed. H. Jones (London: 1913). The articles mentioned in the text are: Ruge
(pp. 1-6), Windelband (pp. 7-66), Royce (pp. 67-135), Couturat (pp. 136-98), Croce
(pp. 199-215), Enriques (pp. 216-39), and Losskij (pp. 240-67).

I refer here also to the unpublished PH.D. thesis of N. Wiener (1894~1964), which
the author showed to Russell in 1913. It compared Schréder’s and Russell’s theories
of relations, and Russell made important comments on it (see my “Wiener on the
Logics of Russell and Schréder ...” [n. 40]).
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Russell reviewed this book for The Nation in a piece entitled “Com-
petitive Logic”. He began by pointing out that the book was “not an
encyclopaedia in any recognized sense”, and doubted if philosophy was
“ready for such treatment anyway”. After giving each article a judi-
ciously lukewarm welcome, he returned to this theme with one of his
best touches of wit, illuminating the confused and contradictory pan-
orama of logic: “The book in fact resembles a compendium on the
British Constitution composed during the Civil War, with an intro-
duction by King Charles and an epilogue by Oliver Cromwell.”*

One point of controversy concerning mathematical logic was the
range of its use. Joseph took a critical line in the second edition of his
An Introduction 1o Logic (1916), where he stuck to (his version of) the
usual things (judgment, inference, induction, and so on), and criticized
Russell for “representing either all thinking as a kind of mathematics,
or all thinking as class-thinking, and mathematics as merely a special
sort of class-thinking”.®* The point was very pertinent, and was to
remain so.

6. FURTHER APPRAISALS OF LOGIC, 1919-25§

6.1 Russell’s philosophical progress. Even while completing his part of
Principia Mathematica Russell was developing his broader philosophical
interests. His introductory volume The Problems of Philosophy (1912)
showed the directions of their turn, beginning with a chapter with the
Bradleian title “Appearance and Reality” but containing severe criti-
cisms of idealism in all its main forms. The later chapters included
rejections of monism and of internal relations, and an account of knowl-
edge by acquaintance and knowledge by description.®® Then came in
1913 an attempted book on epistemology; it was abandoned after crit-
icisms by L. Wittgenstein (1889—1951), but not for its general thrust,2¢

% B. Russell, “Competitive Logic” [review of Ruge], The Nation, 14 (1914): 771-2; the
piece is not signed, but it is known to be by Russell. Compare Broad’s review in Mind,
n.s. 23 (1914): 274—7, where Royce’s interest in induction captured his attention.

# H.W.B. Joseph, An Introduction to Logic, 2nd ed. (Oxford: 1916), p. 228. See also
Pp- 543-53 on mathematical reasoning (pp. §03-12 of the first edition of 1906), which
Russell reviewed with qualified warmth in The Tribune, 7 July 1906, p. 2.

% B. Russell, The Problems of Philosophy (London: 1912). Bosanquet’s long and inter-
esting review in Mind, n.s. 21 (1912): 546-64, is summed up in some ways on p. 560:
“what we who have been trained in another school miss alike in Locke and in Mr.
Russell, is the point of view of the whole.”

% This manuscript is published as Russell’s Collected Papers, Vol. 7 (London: 1984).
For commentary, see T. Iglesias, “Russell’s Theory of Knowledge and Wittgenstein’s
Earliest Writings”, Synthese, 60 (1984): 285—332; and especially N. Griffin, “Russell’s
Multiple Relation Theory of Judgment”, Philosophical Studies, 47 (1985): 213—47.
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and was replaced by Our Knowledge of the External World (1914). From
1910 until 1916 Russell was in fact back at Trinity, with a college lec-
tureship in mathematics secured at the instigation of Whitehead, and
he even taught mathematical logic at times. But he was becoming more
and more engaged in philosophy, sometimes conducting Sunday eve-
ning discussions with McTaggart.s

But the principal positive influence upon Russell’s thought had come
from Wittgenstein. At the end of the First World War he came to the
position called ““logical atomism”’, in which knowledge by acquaintance
or description was set in a general reductionist epistemology of atomic
and molecular propositions and the existence of inferred entities.®

This story belongs to Russell’s philosophical career in general, and
our concern lies with his logic. In the next subsection I shall note some
of the new followers that he acquired during the 1910s, and then note
the continuing contrast with the Oxbridge traditions.

6.2 Russell and his supporters. In 1918 Russell, then forty-six years
old, seized the chance offered by a period of imprisonment to write a
popular account of his logicism. His publisher, Stanley Unwin, sug-
gested to the moral and political philosopher J.H. Muirhead (1855—
1940) that he invite Russell to contribute the volume to the “Library

% This is a suitable occasion to put on record the following recollection sent to me in
1972 by a correspondent who wishes to remain anonymous. As a young mathematics
student he attended one of these evenings during the winter of 1913-14:

MacTaggart and Russell held periodic coffee parties on Sunday evenings in the latter’s
rooms attended by a dozen or so students from various colleges: the “audience” sat in silence
in a half ellipse with McTaggart to the left and B.R. to the right. One of them—I think B.R.—
would open the topic and the topic was argued to and fro while the audience listened in solemn
and awed silence....

On the dispersal and strolls back I remembered the usual view was that McTaggart was the
sounder but Bertrand Russell won by sheer speed—the rapier beating the sabre.

At the last conference ... Bertrand Russell called me aside as a mathematician I suppose
and likely to appreciate the gravity of his statement—*I have just realised that I have failed—
it is easy to establish the unit one but I have omitted to establish a second like unit”—(I won’t
guarantee the precise wording but it’s not far off). He went on to say “I have finished”.

With this ringing in my mind and the dreadful distress of a great scholar I was glad I was
alone.

The latter remark probably relates to Russell’s reductionist assumption in Principia
Mathematica of only one individual in the construction of arithmetic, which leads to
several problems when cast in type theory. Further, Whitehead had forgotten to
deploy this assumption, and some parts of the second volume had had to be reset in
1911. On this curious episode, seec my “The Russell Archives” (n. 20), pp. 402—4.

# B. Russell, “The Philosophy of Logical Atomism™, The Monist, 28 (1918): 495-527,
29 (1919): 32-63, 190222, 345-80; also in Logic and Knowledge, pp. 178—281.
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of Philosophy” series. The book, Introduction to Mathematical Philos-
ophy, came out in the following year; and it must have been well
received, for it was soon being reprinted. Indeed, it is still well known,
and needs no summary here; but of note is Muirhead’s “Editor’s Note”
at the front, addressed to those who might “think that this book is out
of place in the present Library.” Referring to Russell’s preface, he
added: “It is not necessary to agree with what he there suggests as to
the readjustment of the field of philosophy by the transference from jt
to mathematics of such problems as those of class, continuity, infinity,
in order to perceive the bearing of the definitions and discussions that
follow on the work of the ‘traditional philosophy’.”® In this clause,
and the rest of his note, Muirhead beautifully captured some of the
issues involved in the current transition of interest in logic and in
philosophy.

Other notable contributions to the new vogue of philosophy, includ-
ing revisions to logicism itself, were soon to appear: Wittgenstein’s
Tractatus (1921) including Russell’s introduction, with its throw(n)-
away suggestion of a hierarchy of languages;* Russell’s own new mate-
rial for the second edition of Principia Mathematica, published in
1925;* and articles by his student, F.P. Ramsey (1903-1930), which
came out the following year.” By and large, these changes distanced
mathematical logic even further from the traditional forms than before,
for there was a notable increase in extensionalistic interpretations of
quantification, conjunction and disjunction, and propositional func-

8 [T.H. Muirhead], “Editor’s Note”, in B. Russell, Introduction to Mathematical Phi-
losophy (London: 1919), p. vii. Later in this series appeared the English translation
of Metz cited in n. 7.

* L. Wittgenstein, Tractatus Logico-Philosophicus (London: 1922), including Russell’s
mtroduction. The German text of both first appeared on its own in 1921.

*t A.N. Whitehead and B. Russell, Principia Mathematica, 2nd ed., Vol. 1 (Cambridge:
1925).

*2 F.P. Ramsey, “The Foundations of Mathematics”, Proceedings of the London Marh-
ematical Society, (2), 25 (1926): 338-84, and “Mathematical Logic”, Mathematical
Gazette, 13 (1926); 185-94; also in The Foundations of Mathematics, ed. R.B. Braith-
waite (London: 1931), pp. 1-81; and Foundations ---> €d. D.H. Mellor (London:
1978), pp. 152-232.

Mention might be made of “a Cambridge mathematician friend of mine”, as Russell
described him on a postcard received in 1910 (held in RA): H.T.]. Norton (1886—
1937), an undergraduate at Trinity (with H.W. Turnbull and G.N. Watson, and also
A.V. Hill, who later became a distinguished physiologist). He wrote some manuscripts
on logicism after the second edition of Principia Mathematica appeared (University
College London, London Mathematical Society Archives, Norton manuscripts). They
do not seem to be of especial significance. H. Davies, of the Mathematics Department
of Cambridge University, has collected some data on Norton.
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tions. Later, the Vienna Circle was to take this approach to an
extreme.*?

The continuance of differing streams of thought was clearly exhibited
in several writings of the 1920s. For example, when the twelfth edition
of the Encyclopaedia Britannica put out in 1922 its thl.‘ee Vglumes to
append to the twenty-nine of the previous edition, “dealing with events
and developments of the period 1910 to 1921 inclusive”, the writer 9f
the article on philosophy, A.E. Taylor (1869-1945), Oxford-trgmed in
a Bradleian mould but more eclectic in his later thought and peripatetic
in his various appointments, freely confessed to the variety of forms of
logic. He gave a certain measure of space to Russell’s linF bl.lt also noFed
the growth in influence of Bergson, the continuing idealist l}nes, White-
head’s own approach to philosophy, and so on.% Interestlngly? math-
ematical logic was also given an entry in the new article on
mathematics; the author was J. Nicod (1893-1923), a Frenchman who
studied with Russell before his early death.”

Another project run by Muirhead gives us a source to st.udy. H_e
invited Russell to contribute a piece to his Contemporary British I?hz—
losophy book series, and in due course an article on logical atomism
appeared in the 1924 volume. Since Bosanquet and Scl}lller also con-
tributed their views on logic to the book, the resultant mixture reminds
one of the 1913 logic volume described in subsection 4.5.% '

6.3 The continuing tradition. The Oxbridgians continued to write
after their own wont, though with some signs of ageing. In partlculaf,
in 1922 the seventy-six-year-old Bradley put out a second edition of his

* See my “Notes on the Fate of Logicism from Principia Mathematica to Godel’s Ir}com-
pletability Theorem™, History and Philosophy of Logic, 5 (1984): 67—78. Russell himself
was getting out of touch with the developments in logic, metalogic and.metimgt.lle—
matics in the 1920s (on these, see G.H. Moore, “Beyond First-Order Logic ...”, ibid.,
1 [1980]: 95-137). ) o

s A.E. Taylor, “Philosophy”, in Encyclopaedia Britannica, 12th ed. (1922), 32: 93-100.
Compare his review cited in n. 72. o

* J. Nicod, “Mathematical Logic and the Foundations of Mathematics”, zbzd:, 31 §74—
6. Nicod’s best-known contribution is his two doctoral théses at the Université de
Paris, published in English translation under the title Geometry and Induction (L9n-
don: 1930). It made little impact, but a new translation app.eared under the same title
in 1970, at the initiative of R.F. Harrod and with financial help from Russell and
“another donor, who wishes to remain anonymous” (p. v). This latter was W.H.
Auden (letters from Harrod in RA). )

% B. Russell, “Logical Atomism”, in Contemporary British Philosophy, ed. J.H. Muir-
head (London: 1924), pp. 357-83; also in Logic and Knowledge, pp. 3?1—43. Bosan-
quet’s piece appeared on pp. 49-74 of Muirhead’s volume, and Sch'xller s on pp. .38 5—
410; see also McTaggart’s on pp. 249-69. Bradley gracefully declined to contribute

(p. 10).
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Logic, gracing it with a dozen “terminal essays” and with “additional
notes” to each chapter. The €ssdys were connected pieces, though of
varying relevance to the preceding text; but some of the notes only
bewilder the reader, with confessions of confusion readily admitted but
the required corrections largely omitted.s” Nothing by Russell or his

writings of Bosanquet, who had recently attempted in a little book to
effect The M. eeting of Extremes in C ontemporary Philosophy 1921). After
presenting the dichotomy between realism and idealism, Bosanquet
disagreed with Russell’s distinction between Napoleon and Hamlet in
the context of the referents of definite descriptions, on the grounds
that, “In Professor Stout’s words, ‘Whatever is thought, in so far as it
is thought, is therefore real’.”s Ag 5 source of compromise he offered,
in a chapter entitled “7+5=12", the suggestion that such a proposition
was an “‘eternal novelty”, that which, “parting from itself, remains
within itself, and which being always old is yet perennially new,”’s® Rys-
sell does not seem to have incorporated this notion into his logicism.
Also at this time appeared a long-awaited work, Johnson’s Logic, in
three volumes in 1921, 1922 and 1924 from Cambridge University
Press. The range of the work can be gauged by the sub-titles of the
second and third volumes: respectively, “Inference: Deductive and
Inductive”” and “The Logical Foundations of Science”. Unlike the ide-
alists, he was not besotted with judgment but devoted early chapters
to propositions and their syntactic structure, However, this enterprise
was largely directed only to a rehearsal of the usual details of syllogistic
reasoning and some extensions to relations, 100 Again, on inference he
sought, among other things, for formal syntactic and semantic condi-
tions for their validity; but he made no particular use of Russell’s work
and indeed did not always seem to understand it (for example, he

reversed Russell’s definition of descriptive [mathematical] functions in

¥ F.H. Bradley, Tke Principles of Logic; see n. 24 above. On the new
Manser, Bradley’s Logic (n. 24), PP 194-209.

% B. Bosanquet, The Meeting of Extremes in Contemporary Philosophy (London: 1921),
PP. 38-50; on p. 41 he quoted G.F. Stout, “The Object of Thought and Real Being”,
Proceedings of the Aristotelian Society, n.s. 11 (1910-11): 187205 (p. 199). Stout was
disagreeing with both Bradley and Russell: Bradley took Stout’s stand to be his own
view also (Essays on Truth and Reality [Oxford: 1914], p. 275).

* Bosanquet, ibid., p. 104: compare pp. r11—1 3 on Russell,

10 W.E. Johnson, Logic, 3 vols. (Cambridge: 1921-24); see Vol. 1, esp. Chaps. 9 and
13. He had stressed “propositional synthesis” in his earlier articles (n. 7).

material, see
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stating that ““The current phrase mathematical logic is arr;blgu;)lus 1r1 :
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i d which the subject had long '
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7. CONCLUSIONS: TWO LITTLE QUOTATIONS

The dispute between Oxbridge and Russell was waged at three dlffc.:rf}rll;
levels, each of which has been exemphﬁeq in th; abox{e su(:;/;yl.u the
i i i ing idealism or realism and monism '
epistemological, including i ali s and monisim or plural-

ism; i i traditional syllogistic logic a
ism; the logical, with the oglc and Is extension
i i i i he new mathematical logic; s
into algebraic logic facing t ' 3 and the set
ic, 1 —whole collections theory o
theoretic, in that the part—w .
made mo’re modest demands on the properties of classlss théﬁ'l thg }s::;
i i an
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theory associated with mat & | and hus
by and large: most of his opp ‘
followers won all three battles, : ‘ ponents 1o
elics. My purpose in recalling
whom I have referred are now r : i recaling thelr
istorical: ke no claim to have disclose g
work has been historical: I ma 1 o
te in short or
j i Id be hard pressed to encapsulsa
jewels, and indeed wou g Bosaneer s
f stretches of Bradley or quet, s
even long form the content o st ' : v
On my reading, incidentally, it is the monism more than the idealis
which causes the muddles.
However, some discussions by these and the ptlfler authgz:no:ut(;lie
i i mo -
i i f logic are not without merit for a my ‘ :
philosophical aspects o not W {0 a.modern audi
i historical theme, the tra :
ence. Moreover, to continue the : o
not fall from grace with anything like the speed that some modern h

i : d Rus-
10 I'bid., Vol. 2, Chaps. 1 (inference) and 3 (functions). In. Vol. 1: .17.2, he re(\;lelrseuamiﬁ_
sell’s’dependence of the existence of referents to definite descriptions upon q

cational existence. o -
12 Ibid., 2: 137: on p. 138 he correctly stated the logicist position.
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torians of logic and philosophy lead us to think. 1 Disputes between
Russellian and non-Russellian logicians continued well into the
1930s,' and some of the books of the traditionalists were reprinted
even up to the 1970s.19 As for philosophy, Russell’s logical atomism
did not take a dominant place: already during the 1920s at Cambridge
inductive logic was a favoured topic, and at the end of the decade Witt-
genstein’s new conception of ordinary language philosophy began to
take sway. Meanwhile, at Oxford, the Hegelian tradition remained
active until the Second World War; after it, logical positivism and ordi-
nary language philosophy took a grip. While the former type of phi-
losophy can be traced back to the revolt of Russell and Moore in the
1890s, the latter was certainly not to Russell’s taste. In the 1950s he
opined that “bad philosophy has always been an Oxford speciality, and
bad philosophy is still philosophy!”106 Perhaps modern Oxbridge could

1% For a good specimen of such “history”, see G.]. Warnock’s misnamed English Phi-
losophy since 1900 (Oxford: 1958), where all ““irrelevant” developmenits are passed over
in silence. The author admitted as much in his second edition of 1969 (p. vii) and
added a few pages on Cook Wilson (pp. 8-12), a realist and therefore somewhat
approaching a Good Thing. Russell’s own History of Western Philosophy (London:
1946; 1st ed., 1945) largely passes over the Hegelians (see Book 3, Chaps. 21-2), as
do W. and M. Kneale in The Development of Logic (Oxford: 1962).

One has to recognize that positivist philosophers are also positivist historiographers,
where only the “acceptable” strands are traced (up to today) and the mistakes are
passed over in silence. For valuable outlines towards a proper history, see Metz and
Passmore (n. 6), and also Manser (n. 24), pp. 1-29.

1% For example, collectors of the talking past will rate highly this sequence: H.W.B.
Joseph, “A Defence of F, reethinking in Logistics”, Mind, n.s. 41 (1932): 424—40; L.S.
Stebbing (broadly a Russellian, and carrier of the flag at London University after
Shearman), “Mr. Joseph’s Defence -”5 42 (1933): 338-51; Joseph, “A Defence ...
Resumed”, ibid., 417—43; Stebbing, “A Second Reply to Mr. Joseph”, 43 (1934): 1 56—
69; Joseph, “A Last Plea for Free-Thinking [sic] in Logistics™, ibid., 315-20. Well
might Schiller express his perplexity soon afterwards in his “Multi-Valued Logics—
and Others”, 44 (1935): 466-83. Moore was the tolerant editor of Mind at the time.

1% For example, Bradley’s Logic was reprinted in 1950, Johnson’s in 1964, and Joseph’s
in 1970: in addition, Joachim’s Truth was reissued in 1969. A library copy of (the
original printing of) Johnson which I consulted has been heavily used in recent years
(or so I infer from the issue registrations).

Principia Mathematica itself was reprinted until the 19703, It even received a pirated
reprinting in Taiwan in the 1950s.

1% Russell to R.C. Marsh, as quoted in Logic and Knowledge, Pp. 322 (with the correction
of a misprint). Marsh’s surrounding commentary, ending “Oxford has finally become
a lost cause itself”, is well worth reading. I do not treat the history of philosophy
education at Oxford here, but I gather from W. Mays that, despite all this idealism,
Mill’s System of Logic was still a set book until the Second World War. Maybe we
have here a difference between the teaching and the research levels.

The vastly increased degree of professionalization of philosophy has been an impor-
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do with another heretic of Russell’s calibre. However, the modern pre-
dicament falls outside my brief, which has been to show that Ru§sell s
revolt from idealism at the end of the nineteeth century made him ﬁn
intellectual outsider of the Oxbridge of t‘hat time, .b.ut thf:lt gra'dua Z
over the decades his view came to prominence, initially in logic an
i ilosophy more generally.

th?ixlazaihtllllci)s pr;p}e,:r with fwo little books of the late nineteenth cen'tuiy
on logic; let me end with two quotations from the 1920s, respeccril‘v‘e y
due to the chief antagonists, Bradley and Russell. In Fhe secogd e mog
of his Logic of 1922, Bradley ended the new material for his secon

Book with this statement, of striking integrity:

Whether a student of logic, who is incapable of learning mathematics and
has therefore to leave out of his theory a recognised part of the facts, should
never have written on logic at all, or should later at least suppre.ss all. that
he once wrote—I will not offer to discuss. And what shou1<.i be his attitude
towards a claim to base the principles of logic on mat.hematlcs, I once m9re
hardly know. If a person like myself ventures to point out tk}at s.omethlng
of what is thus offered seems to himself to be untenable and %rratlonal—he
can be met with the reply that, if he understood mathematics, he would
forthwith think otherwise. And what his answer to this should be, I confess,

I can not say.!”

Russell, who had found Bradley twenty years earlier unable to accept
ultimate disagreements, expressed his view two years after ‘thls Ztatfi
ment by Bradley, in his article on logical atomism for Mu1rheah. |

hold that logic is what is fundamental to ph}losopl}y, and that sc ools
should be characterized rather by their logic than by their

metaphysic.”’108
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tant factor in its development. Philosophy is now a profession, like .mathematltc)ls and
chemistry and ... ; therefore philosophers should work only on their own problems,
like mathematicians and chemists and ... . ' . )
17 Bradley, The Principles of Logic, p. 388. Note the self-reference of this passage: Bfrad
3
ley mis-stated logicism in the same way as Johnson gn. 102) was to do. I gather rorrar;
N. Griffin that Bradley’s manuscripts (n. 24) contain collections of notes on seve

of Russell’s works. . '
18 Russell, “Logical Atomism” (n. 96), p. 359; also in Logic and Knowledge, p. 323.





